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Erratum
Correction to “The divergence of Banach space valued random variables
on Wiener space”, Prob. Th. Rel. Fields 132, 291-320 (2005)
E. Mayer-Wolf 1 and M. Zakai2
We are grateful to J. Maas and J. Van Neerven for drawing our attention to the two mis-
takes addressed below.
Corollary 3.5 (as well as Corollary 3.17a whose proof relies on it) should be ignored since
the inequality |Fn|p,1≤‖Fn‖p,1 in its proof is false, and we have been unable to find a simple
alternative argument.
More importantly, in Proposition 3.14 and Proposition 3.18 one needs to add the assumption
(A) Y ∗∗ has the Radon Nykodim property (RNP) with respect to µ (cf. [1])
on the Banach space Y , as we shall now explain. Note (Section III.3 in [1]) that Y ∗∗ has
the RNP with respect to any measure if, for example, Y ∗∗ is separable or Y is reflexive.
Unfortunately, in the proof of Proposition 3.14, the natural imbedding of Lp(µ;Y ∗∗) in the
operator space L(Y ∗, Lp(µ)) was erroneously claimed to be surjective. In addition, the ob-
servation associated with (3.12) was also incorrect as stated (although not used in the rest
of the paper). We restate this observation in (1) below, and prove it under the additional
assumption (A); it will then be used in (2) to replace the incorrect proof of Proposition 3.14.
(1) Assume (A) and let K ∈ Lp(µ;L(W ∗, Y ∗∗). If (3.12) holds for some γ > 0 and all
F ∈ S(Y ∗) then K∈domp,Y ∗∗δ (the converse is obvious).
Proof: The bound (3.12) implies the existence of a ΛK∈L
q(µ, Y ∗)∗ such that
Etr
(
KT∇W
∗
F
)
= ΛK(F ) ∀F ∈S(Y
∗) .
Due to assumption (A), Lq(µ, Y ∗)∗ can be identified with Lp(µ, Y ∗∗) (cf. Theorem IV.1
in [1]) in the sense that there exists a δK ∈ Lp(µ, Y ∗∗) such that ΛK(F ) is given by
E
Y
∗
〈F, δK〉
Y
∗∗
. Thus, for any F ∈S(Y ∗)
Etr
(
KT∇W
∗
F
)
= E
Y
∗∗
〈δK, F 〉
Y
∗∗∗
. (†)
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For F = φ(δ(e1), . . . , δ(em)) ⊗ l, ({e1, . . . , em}⊂W
∗, orthonormal in H, and l∈Y ∗),
(†) amounts to
Y
∗∗
〈E (
∑m
i=1 ∂iφKei) , l〉
Y
∗∗∗
=
Y
∗∗
〈EφδK, l〉
Y
∗∗∗
which, if true ∀l∈Y ∗, is true
∀l∈Y ∗∗∗ as well. Thus (†) holds for all F ∈S(Y ∗∗∗), which means that K∈domp,Y ∗∗δ.
(2) We now present a modified proof of the “if” implication in the first statement of Propo-
sition 3.14, using the characterization provided by (1) instead of the erroneous identifi-
cation of Lp(µ;Y ∗∗) and L(Y ∗, Lp(µ)) mentioned above:
It follows from (3.13) that there exists a ∆
K
∈L(Y ∗, Lp(µ)) such that for all l∈Y ∗
δ(KT l) = ∆
K
(l) (3.17)
so that, for any F =
∑m
j=1Φj lj ∈S(Y
∗)
Etr (KT∇F ) = E
m∑
j=1
trKT∇(Φj lj) =
m∑
j=1
E
W
∗
〈∇Φj,K
T lj〉
W
∗∗
=
m∑
j=1
Eδ(KT lj)Φj =
m∑
j=1
E∆
K
(lj)Φj
= E∆
K


m∑
j=1
Φjlj

 = E∆
K
(F )
and thus for any q≥1, and with ‖∆
K
‖ denoting the operator norm,
∣∣Etr (KT∇F ) ∣∣≤E‖∆
K
‖‖F‖
Y ∗
≤‖∆
K
‖
(
E‖F‖q
Y ∗
)1/q
so that from (1) it follows that K∈domp,Y ∗∗δ.
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